In this paper, the notion of associated ( essential) ideal submodule in Finsler module over C * -algebras is introduced. Moreover, it is shown that if essential ideal submodule V I is a Hilbert I-module, then V is itself a Hilbert A-module.
Introduction
A (right) Hilbert C * -module over a C * -algebra A is a right A-module V equipped with A-valued inner product ., . which is a A−linear in the second and conjugate linear in the first variable such that V is a Banach space with the norm x = x, x 1 2 (see [3] ). Finsler modules over C * -algebras are generalization of Hilbert C * -modules that first investigated in [5] . Let A be a C * -algebra and A + denote the set of positive elements of a C*-algebra A. Let V be a right module over C * -algebra A and the map ρ : V → A + satisfies the following condition.
Ideal submodules in Hilbert C*-modules are investigated in [2] and [6] . In [5] Phillips and Weaver proved that if (V, ρ) is a Finsler module over C * -algebra A such that ρ satisfies the parallelogram law 
Preliminaries Definition 2.1. let V be a Finsler modules over C −algebra A, and let I be an ideal in A. The associated ideal submodule V I is defined by
(the closed linear span of the action of I on V ). Clearly, V I is a closed submodule of V . It can be also regarded as a Finsler module over I.
In general, there exist closed submodules which are not ideal submodule. 
In addition, 
main results
Definition 3.1. Let I be an ideal of C * -algebra A, define I ⊥ = {a ∈ A : aI = 0} (that is ideal of A). I is essential if I ⊥ = {0}, that is equivalent I J = {0} for all closed ideal J of A.
The following lemma is a much similar relative of Lemma 1.10 of [2] . (Enough that replacing I with I + denoted positive elements of I).
Lemma 3.2. Let I be an ideal in a C*-algebra A. The following condition are mutually equivalent: (a) I is an essential ideal in
A (b) a = sup b∈I + , b ≤1 ( ab ), ∀a ∈ A (c) a = sup b∈I + , b ≤1 ( ba ), ∀a ∈ A (d) a = sup b∈I + , b ≤1 ( bab ), ∀a ∈ A + .
Theorem 3.3. let V be a Finsler module and I be an essential ideal of A, and V
by definition of norm Finsler and Lemma 3. Proof . Let ρ be norm Finsler map over V . Note that essential ideal submodule V I is a Finsler I-module with map ρ| V I . Hence ρ satisfies in parallelogram law on V I . Therefore, for all v, w ∈ V and a ∈ I, we have 
